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MODEL OF A MULTI-COMPONENT LIQUID POOL EVAPORATION FORMED DUE
TO ACCIDENTAL SPILLS

Quantitative analysis and assessment of a technogenic risk imply a thorough study of the
emergency process at the level of phenomenology. In such of a study, mathematical models of the
physical and chemical processes of the hazardous substance formation in the surrounding space are
involved. The occurrence and influence of the damaging factors on recipients, such as people, the
environment, buildings and equipment, must be assessed. One of the most common scenarios for the
formation of a hazardous substance in the environment is spillage of a liquid phase, often of a
multicomponent composition, onto the earth's surface. The subsequent evaporation of a hazardous
substance is a key factor in the formation of an explosive, flammable or toxic cloud. Therefore, it is
extremely important to correctly assess the intensity of the hazardous substance release into the
environment.

This study presents a mathematical model for the evaporation of a multicomponent liquid from the
surface of an emergency spill. It considers various energy influxes that affect the evaporation process
(atmospheric air heat, underlying surface heat, radiation from the sun). The effect of cooling due to
evaporation is taken into account. The developed model considers the influence of the liquid phase
composition on the evaporation process. A comparative analysis of the simulation results was made using
the published experimental data on the mixture of a cryogenic liquid (nitrogen) and liquids under non-
boiling conditions such as ethanol and cyclohexane evaporation process. The results of the comparison
showed the model’s applicability in the field of quantitative risk analysis and assessment. The
possibilities of improving the multicomponent liquid pool evaporation mathematical model are presented.

Keywords: evaporation, multicomponent mixture, model, phase equilibrium, heat flow,
hydrocarbons, cryogenic substance, ethanol

Problem statement. Due to the increase in the number of chemical, petrochemical and other
hazardous industries, as well as the constant development of technologies, more and more attention is
paid to the issues of reducing industrial risks using risk analysis and risk management tools.

The risk-based approach implies not only logic-probabilistic modeling, designed to assess the
probability of a certain accident scenario, but also an assessment of all the possible accident scenarios
consequences [1 — 2]. The assessment of the consequences is carried out with mathematical modeling of
the physical and chemical processes of the damaging factors formation, as they can be a direct threat to
people, nature, industrial equipment, buildings and structures.

One of the most common types of accidents at the chemical and petrochemical plants is
depressurization of the equipment. It is often followed by the release of a flammable, explosive or toxic
liquid, which leads to the formation of a liquid phase spill. The liquid spill consequence is evaporation of
the liquid, followed by formation, movement and dispersion of a toxic, flammable or explosive cloud.
The evaporation rate of the liquid pool is a key factor in assessing the consequences of a substance release
into the environment. It determines the degree of damage to people, flora and fauna as a result of an
explosion of a fuel-air mixture, thermal radiation from a fire, or toxic effects [3-6].

Thus, an adequate determination of the evaporation dynamics of the liquid pool is a basic task of
the quantitative risk assessment [7-8].

Almost all recommended normative methods are rather simplified and do not consider the
possibility of a multicomponent mixture evaporation, the change in the mixture composition over time
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and its effect on its physicochemical properties, which affects the modeling accuracy. As an example, the
formula for the intensity of evaporation given in the new Ukrainian standard corresponds to the stationary
regime, where the intensity of evaporation does not depend on time, composition of the liquid pool or
heat fluxes from the environment [2]. No validation using experimental data has been provided, which
makes it impossible to evaluate the liquid pool evaporation model’s adequacy, as proposed in the
standards. This implies certain discrepancy between the real liquid pool evaporation data and the model
results.

It is essential to develop a liquid pool evaporation model that accounts the influence of the liquid
pool composition, heat flows from ground, air and Sun, to the evaporating rate. The model should be
validated using the experimental data available and be applicable for the quantitative risk assessment.

Methods and materials. The model below takes into account the following:

1) ho << d, where hy, d [m] are the initial liquid pool thickness and diameter;

2) energy fluxes affecting the evaporation process - heat flux from the atmospheric air, from the
soil (underlying surface), radiation flux from the Sun (completely absorbed by the liquid phase);

3) heat exchange between the liquid pool and the environment through the lateral surface of the
pool is neglected (due to 1);

4) the liquid temperature is uniform and throughout the entire liquid layer, which corresponds to
complete and rapid mixing (due to 1);

5) the mathematical model treats the time dependence of the liquid phase composition and the
mixture properties, as a result of the evaporation process;

6) the model considers the temperature dependence of the mixture components physical properties.

The mixture components physical properties were determined in accordance with [9].

The physical properties of the mixture were determined as follows.

Molecular weight [kg/mol]:

My = ngzoxiMi (1)
The heat capacity at constant pressure [J/(mol-K)]:
CpL_mix = Z?{:O xiCzi)L 2)
Density [kg/m®]:
Mmix
=0 pi
The latent heat of evaporation [J/mol]:
Ly mix = Z?Izo xiLl;J (4)
Saturated vapor pressure [Pa]:
Psy mix = 2?:0 xiPsiv (5)
The diffusion coefficient of vapor into air [m?/s]:
Dy mix = Z?{:OxiDliz (6)

where: X; is the mole fraction of the i-th component of the mixture [mol/mol]; (N+1) is the number
of components of the mixture.
Mathematical description of the conservation equations
For simplicity, the mix index is omitted for the liquid mixture physical parameters (i.e. Dy mix—D\).
Heat balance and mass balance equations are described below [3]:

d(hpLCpLT) _

dt _H5+Ha+Hsr_Q17m L, (7)
dh _ _ v
rriinbe (8)

where: h — thickness of the liquid pool [m]; C,. — heat capacity of the liquid mixture [J/(kg-K)]; p. —
density [kg/m®]; L, — latent heat of evaporation [J/kg]; T — temperature [K]; Hs — ground-liquid heat
flux [J/(m?-s)]; Ha — air-liquid heat flux [J/(m*s)]; Hs — heat flux of solar radiation [J/(m?-s)];
Qv_m — Mass evaporation rate [kg/(m?-s)].
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Molar rate of evaporation:

dANmot __

Lol — G+ S )
where: Nmoi — amount of substance [mol]; t — time [s]; gy moi — pool surface evaporation rate
[mol/(m?-s)].

Mass balance for i-th component:

d(Nmo' i)

T = Gyt S Vi (10)
where: x; — molar part of i-th component in liquid phase (LP); y; — molar part of i-th component in gas
phase (GP).

Let's rewrite an equation (10):
dx; dNmo
Nmot d_i +x; TI = Qv Sty (11)
Substitution of (9) in (11) gives:
dx; Qomeo § _ Gvm
T = e (am ) = () (12)

According to Rault's law (gas/liquid equilibrium is considered) [11]:
Pi(T) = P&,(T) - x; (13)

where: T — temperature [K]; Pi(T) — i-th component partial pressure [Pa]; Ps,'(T) — pressure [Pa]
of the i-th component saturated vapor.

The pressure of saturated vapor at a given temperature is determined by the Antoine equation,
which is a common practice.

The Dalton equation [11]:

Pi(T) = Peoe(T) - y; (14)

where: Py(T) — total pressure [Pa] of the GP.
The total pressure [Pa] of the GP:

Piot(T) = ?I:o Pi(T) (15)

where: P;i(T) — i-th component partial pressure [Pa].
Equations (14) and (15) imply that [12]:

_ P
ET RN P (16)
Equations (13) and (16) imply that:
—_ P Ty
Vi = ZIiV:O(Psiv(T)'xi) Xi = kl(T) X (17)
where: ki(T) — is the distribution coefficient of the substance between GP and LP.
From (12), considering (17), follows, that:
dx; Qv Um
d—i = m (x=ki(T) - x;) = Z,pL (2= ky(T) - x;) (18)

In the order to correctly choose the evaporation rate formula it is important to check the presence of
the boiling process of the mixture every moment of the modeling time.

It is known that boiling is an intense process of evaporation, which occurs if evaporating mixture’s
saturated vapors’ pressure is equal or exceeds atmospheric pressure [3].

The boiling point T, [K] of a mixture at atmospheric pressure could be determined from:

P = Zévzo xiPsiv(Tb) (19)

Heat flux from the ground
The heat influx H, [J/(m?-s)] from the soil can be determined as follows.
Consider the one-dimensional problem of heat conduction:
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aT o%r

E = asﬁ (20)
where: T(x, t) — soil temperature [K] at a certain depth x [m] and time t [s]; as — soil coefficient of
thermal diffusivity.

Initial conditions:
T(x,0) =T, piss Vx € [0; L) (21)
Boundary conditions:
T(0,t) =Ty, T(Ls, t) = Ts pna vVt € [0; +o0) (22)
where: Ts — soil temperature [K] at the depth Ls [m]; T, — temperature [K] of the
evaporating pool; Ls — soil depth [m] where the temperature remains constant.

Consider Ls=10h,, where hy is the evaporating pool initial depth [m].
The heat influx from the soil to the pool:

. aT(0,t)

q(6) = As - —_ (23)
The heat flux H, [W/m?] from the atmosphere is determined by the formulas [3]:
Pr, = Z—“ (24)
— Yad
Re = o, (25)
1
Nu = 0.037 - Pr}? - Re®® (26)
k= Nu -2 27)
Hy = ko(Ty-T) (28)

where: v, — air kinematic viscosity [m?/s]; a, — air thermal diffusivity [m?/s]; u, — wind speed
[m/s] at 10 m height; d — pool diameter [m]; 14 — air thermal conductivity [W/(m-K)]; ka — heat
transfer coefficient [W/(m?-K)]; Ta — air temperature [K]; T — evaporating pool temperature [K];
Pr, — air Prandtl number; Re — air Reynolds number; Nu — air Nusselt number.

Note: the coefficients v,, Dy, 4, Ka, Pra, Re, Nu are calculated for the average temperature
Tmia=0.5-(Ta+T) [13].

Evaporation rate

The evaporation mass rate [kg/(m?-s)] is determined by the formulas [3]:

km =Cp ug.78 . d—0.11 . SC—O.67 (29)
Sc = ;— (30)

Ps,M
Qv = km - RT (31)

where: C,=0.004786 — constant; u, — wind speed [m/s] at 10 m height; d — evaporating pool
diameter [m]; Sc — Schmidt number; Py, — evaporating substance saturated vapor pressure [Pa];
M — evaporating substance molecular weight [kg/mol]; R=8.314 — gas constant [J/(mol-K)]; T —
evaporating pool temperature [K].

The evaporation mass rate [kg/(m?-s)] for a boiling liquid is determined by the formula [3]:

_ HS(Tb)+Ha(Tb)+Hsr

Ym Ly(Tp) (32)
The molar evaporation rate:
Qv
qvmol = M (33)

The molar evaporation rate of the i-th component:
qliimol = Xi ' qvmol (34)
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The evaporation molar rate of the i-th component from the total surface of liquid pool:
q‘liﬂmols = S ’ Xl ' qvmol (35)

where: S — evaporating surface area [m?] of the pool.

Results and discussion. To validate the model, 2 series of computational experiments have been
performed. The first series — evaporation of a cryogenic liquid (liquid nitrogen) in boiling regime. The
second series — evaporation of organic substances such as ethanol and cyclohexane in non-boiling regime.

Evaporation of the liquefied nitrogen. To check the adequacy of the considered numerical model,
the simulation results were compared with the experimental data for cryogenic boiling liquid presented in
[13].

The experiment was carried out with liquid nitrogen (LNZ2) spilled on the polystyrene. The inner
size of the box was 0.48 m x 0.48 m x 0.1 m [13]. The thickness of the walls and base is 0.15 m. The box
was completely made of polystyrene, so the heat loss throughout the walls is neglectable due to small
thermal conductivity of the polystyrene. The base and walls of box were equipped with built-in
thermocouples. To supply LN2 into the polystyrene box an outlet pipe was used. Analysis started after the
filling was stopped. The box itself was positioned in a wind tunnel 2.04 m wide, 0.855 m high and 12 m
long, which was specially designed to isolate the box from natural wind and provide a controlled and
stable airflow. The initial data of the evaporation of liquid nitrogen experiment are presented below
(Table).

Table
Initial data of experimental evaporation of cryogenic liquid (nitrogen)
Parameter Sy_mbol ?‘nd Value
Dimension

Air temperature T, [K] 309

Atmospheric pressure P., [Pa] 101325

Wind speed at 10 m height Uy, [m/sec] 6.2

Kinematic viscosity of air at 2 10

defined air temperature Vs, [m/sec] 1.638-10

Heat conductivity of air Aa, [W/(K'm)] 0.027

Insolation flux Hgr, [W/m?] 0

Heat conductivity of the ground

As, [W/(m'K)]

No heat exchange with ground

Thermal diffusivity of the ground

as, [m°/sec]

No heat exchange with ground

Temperature of the ground T, [K] No heat exchange with ground

Area of liquid spill S, [m?] 0.23

Initial temperature of liquid pool To, [K] boiling terr_lperature of nitrogen at
atmospheric pressure

Initial thickness of liquid pool ho, [M] 0.08

Liquid pool composition Xo, [molar parts] (100% nitrogen)

Duration of experiment tn, [sec] 600

Next considerations and preparations have been made:

e in the model, the heat flux from the underlying surface Hs = O due to the use of the heat-
insulating material of evaporating box during the experimental study;

o the wind speed at the height h = 10 m has been obtained via calculation using experimental
value of the wind speed u, = 2.99 m/s at a height h = 0.305 m. The method presented in [14] has been
used,

o the initial thickness of the pool has been obtained using initial mass in the pool my = 14.69 kg
and evaporating pool geometry;

o the nitrogen coefficient of diffusion into the air has been obtained for the mixture "nitrogen -
oxygen" according to [15].

The model slightly underestimates the evaporation rate for a cryogenic liquid during boiling
process (see Fig. 1). After 600 seconds, the amount of nitrogen evaporated was 2.88 kg, while the model
predicted 2.066 kg of evaporated nitrogen. The evaporation rate according to the model is approximately
1.39 times less than the evaporation rate according to the experiment. In this case, evaporation model
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should be applied for risk assessment with caution. Possible underestimation of evaporation rate should
be taken into account.

16
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Fig.1. Time dependence of liquid pool mass (m(t) — simulation data, m_exp(t) — experimental data)
The temperature of the pool, calculated according to the model, is in full agreement with the

temperature of the pool, measured during the experiment (see Fig. 2). Both of the temperatures are equal
to the boiling point of pure nitrogen at atmospheric pressure.
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Fig. 2. Time dependence of liquid pool temperature (T(t) — simulation data,
T_exp(t) — experimental data)

Evaporation of the ethanol and cyclohexane in non-boiling regime. To validate the model in the
case of organic substances evaporation in non-boiling regime, the comparison with experimental data has
been made [7].

Evaporation experiments with ethanol and cyclohexane in basin were carried out. The diameter of
basin is 0.74 m. An open-air non-built-up environment were investigated. The basin was heated up via a
water-heated heating coil and the evaporating mass flow was determined by weighing the liquid content
before and after the experiment in correlation to the duration of the experiment. Two K-type
thermocouples were placed in the liquid, one near the interphase and one at the bottom of the basin. The
average of both temperatures was used as the liquid temperature [7].

The wind speed at 10 m height were provided by the German meteorological services from a
measuring station on the site [7].

The results of the comparison of developed model and experimental data for ethanol evaporation at
different temperatures and wind speeds are presented on figures 3, 4, 5.
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Fig. 3. Wind speed dependence of evaporation rate (Ethanol, 303K)
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Fig. 4. Wind speed dependence of evaporation rate (Ethanol, 310K)
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Fig. 5. Wind speed dependence of evaporation rate (Ethanol, 317K)

The results of the comparison of developed model and experimental data for cyclohexane
evaporation at different temperatures and wind speeds are presented on figures 6, 7, 8.
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Fig. 6. Wind speed dependence of evaporation rate (Cyclohexane, 303K)
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Fig.8. Wind speed dependence of evaporation rate (Cyclohexane, 317K)
Almost the same declination angle of linear dependence for both experimental and numerical
model data (see Fig. 5 and Fig. 8) has been observed.

The model slightly overestimates evaporation rate for both ethanol and cyclohexane which is
conservative approach. So the model could be applied in the field of quantitative risk assessment.
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Although there are small-scale experimental data, applicable for model validation, there is still no
large-scale experimental set-ups close to real liquid spills which occur during industrial accidents. The
opinion about possible different behavior large-scale pools evaporation process was also concluded in [7].

The other significant problem is an absence of sufficient experimental data for evaporation of
multi-component pools.

Conclusions. Quantitative risk analysis and assessment require application of reliable, validated,
up-to-date models. One of the most significant accidental processes is liquid pool evaporation formed due
to depressurization of factory reactors, vessels, compressors, etc. It is essential to be able to consider
multi-component composition of liquid pool as it is most common appearance in practice.

In this work, a model for the evaporation of a spill of a multicomponent liquid phase has been
developed. The evaporation process is modeled considering heat exchange of evaporating pool with the
Sun, soil and air as well as the effect of cooling due to evaporation. The model considers time dependence
of the liquid phase mixture composition during evaporation process. The model is relatively easy to
implement by process safety or ecology safety specialists.

A comparative analysis of the model and available published experimental data has been made.

In the first series of tests, the evaporation of a cryogenic liquid (pure nitrogen) has been simulated.
The liquid was spilled inside of a heat-insulated box; there was no solar radiation influence; the air
temperature and wind speed were known. The evaporation rate according to the model is approximately
1.39 times less than the evaporation rate according to the experiment. Thus careful application of
evaporation model for risk assessment of cryogenic liquids is required. Possible underestimation of
evaporation rate should be taken into account. The numerical experiment showed excellent agreement
between simulated pool temperature and experimental temperature measurements.

In the second series of experimental tests, the evaporation of ethanol and cyclohexane during non-
boiling conditions has been simulated. Wind speed dependence of evaporating rate has been obtained.
There is similar behavior for both of numerical simulation and experimental data. The best similarity was
observed at 317 K for both of ethanol and cyclohexane evaporating pools.

Considering the results of validation made for liquid nitrogen, ethanol and cyclohexane, developed
model can be applied in the field of numerical risk assessment taking into account slight underestimation
for cryogenic boiling spills.

References

1 BS EN IEC 31010. Risk management. Risk assessment techniques. Official edition. European
Standards, 2019. 264 p.

2 Pro zatverdzhennya metodyky prognozyvannya naslidkiv vpluvy (vukudy) nebezpechnych
rechovyn pyd chas avaryj na chimychno nebezpechnych objektach y transportu : Nakaz Mynysterstva
vnutrishnich sprav Ukrayny of 29.11.2019 no. 1000. URL.: https://zakon.rada.gov.ua/laws/show/z0440-
20#Text (date of access: 15.12.2022).

3 Methods for the calculation of physical effects. Due to releases of hazardous materials (liquids
and gases). The Hague : Min. VROM, 2005. 870 p.

4 Methods for the determination of possible damage to people and objects resulting from releases
of hazardous materials. VVoorburg : Director-General of Labour, 1992.

5 Marshall V. C. Major chemical hazards. Ellis Horwood Ltd, 1987. 1033 p.

6 Beschastnov M. V. Avaryjy v hymycheskyh proyzvodstvach y mery yh preduprezdenya. M.
1976. 367 p.

7 Habib A., Schalau B. Pool Evaporation — Experimental Data Collection and Modeling. Chemical
Engineering &  Technology. 2019. Vol. 42, no. 11. P. 2450-2457. URL:
https://doi.org/10.1002/ceat.201800093 (date of access: 15.12.2022)

8 Predicting the vaporization rate of a spreading cryogenic liquid pool on concrete using an
improved 1-D heat conduction equation / J. Dong et al. Heat and Mass Transfer. 2021. URL:
https://doi.org/10.1007/s00231-021-03018-9 (date of access: 15.12.2022).

9 Yaws C. L. The Yaws Handbook of Physical Properties for Hydrocarbons and Chemicals:
Physical Properties for More Than 54,000 Organic and Inorganic Chemical ... C1 to C100 Organics and
Ac to Zr Inorganics. Gulf Professional Publishing, 2015. 832 p.

10 Stromberg A. G. Physicheskaya chimiya. Moskow : Vyshaya shkola, 1999. 527 p.

11 Krutov V. . Technycheskaya Termodynamyka. Moskow : Vyshaya shkola., 1971. 472 p.

130



HaykoBo-texHiunuii xxypran Ne 2 (26)-2022

12 Fernandez M. I. Modelling spreading, vaporisation and dissolution of multi-component pools :
Electronic Thesis or Dissertation. 2013. URL: http://discovery.ucl.ac.uk/1386059/ (date of access:
15.12.2022).

13 Nawaz W. Modeling of the Cryogenic Liquid Pool Evaporation and the Effect of the Convective
Heat Transfer from Atmosphere - CORE Reader. CORE — Aggregating the world’s open access research
papers. URL.: https://core.ac.uk/reader/79648530 (date of access: 15.12.2022).

14 Justus C. G., Mikhail A. Height variation of wind speed and wind distributions statistics.
Geophysical Research Letters. 1976. Vol. 3, no. 5. P. 261-264. URL.:
https://doi.org/10.1029/g1003i005p00261 (date of access: 15.12.2022).

15 Hirschfelder J. O. Molecular theory of gases and liquids. New York : Wiley, 1964. 1219 p.

B. B. Cmaniii*?, €. B. Tonox’
1Cxi()H0ykpai'HCbKuL2 HAYIOHATbHUU

VHisepcumem imeni Bonooumupa Jlans
2Haykoguﬁ YeHmp 00CNi0HCeHHs pu3uKie Puzukon

MOJEJIb BUITAPOBYBAHHSA BA'ATOKOMIIOHEHTHOTI'O PO3JIUBY
C®OPMOBAHOI'O Y PE3YJIbTATI ABAPII

KinpkicHi aHanmi3 Ta OI[iHKa TEXHOTEHHOTO PHU3MKY HPOMHUCIOBOIO 00’€KTa MalTh Ha METI
o0uMCIIeHHs KUTPKICHUX TIOKa3HHUKIB PU3HKY 1 1X 3MEHIIEHHS IO MPUHHATHUX BEJIMYUH. Y TIPOIIEC TAKOTO
JTOCITDKEHHS 3aTy9Yar0ThCsl MaTEMaTHIHI MOJeNi (i3UKO-XIMIYHUX MpPOIeciB (hopMyBaHHS HEOE3METHOT
PEUOBMHU B HABKOJHMIIHHOMY TMPOCTOpi, BHHHKHEHHs Ta BIUIMBY (akTOpiB, LIO0 BpaKaroTh, Ha
penuImtienTiB. PenumieHnTaMu € IO, HABKOJMIMHE CepeNoBHINE, OymiBii Ta oOmamHaHHsI. OmHHM i3
HaMMoImMpeHIuX cueHapiiB GopMyBaHHS HeOe3MeYHOI PEYOBHWHH y HABKOJIHMIIHBOMY CEPEJOBHUIIN €
BUTIK pifKkoi (ha3u yacTo 6araTOKOMIOHEHTHOTO CKJIaIy Ha IIOBEPXHIO 3eMii. [loanbine BUapoByBaHHS
HeOe3MeuyHoi PEeuoBHMHH 3 HOBerHi po3nuBy cnpuduHiOe  (opMyBaHHS BHOYXOHEOE3MECUHOI,
noxexxoHeOe3neyHoi abo TOKcMYHOiI xMapu. ToMy BaKJIMBO KOPEKTHO OIIHIOBaTH IHTEHCHBHICTb
HaJIXO/UKEHHSI HEeOe3IeYHOi PEYOBMHHU Yy IOBKULISA, BPaXOBYIOUM OaraTOKOMIOHEHTHHUI CKIaj CyMmimi
pO3NUBY.

Y  pmaHoMy — JIOCIIJUKEHHI NMpEACTaBlIeHA  MaTeMaTH4yHAa — MOJENb  BHIIAPOBYBAHH:
6araTOKOMIIOHEHTHOI PiMHU 3 IOBEPXHi aBapiHOrO PO3IUBY 3 ypaxyBaHHSIM 30BHILIHIX CHEPIETUIHHUX
MOTOKIB, W10 BILUIMBAKOTH HA IPOLEC BHIIAPOBYBAHH (TCHJ'IOBI/II/I HOTIK BiJl aTMOC(EpPHOro MOBITPS,
TEIJIOBHW TOTIK BiJi TMOBEpXHi, IO MJCTHIAE, paiallifHUil MOTIK BiJ CcoOHI). BpaxoBaHo edekt
OXOJIOJKCHHSL 33 DAaxyHOK BHIapoByBaHHs. PospoGnena mozenb BpaXOBYe B3A€MHHI  BILIHB
KOMIIOHEHTHOTO CKJIajly pilKoi (hasu Ta [poLecy BUIapOBYBaHHs. Byllo 311HCHEHO NOPIBHAIBHNIT aHAlIi3
Pe3yJIbTaTiB MOJCIIOBAHHS 3 OIYO/IIKOBAHUMHU CKCIICPUMCHTaIbHIMU JaHUMHU HPOLIECIB BULIAPOBYBAHHS
PO3IIHBIB 30Ty, €TAHOILY i LMKIOreKCaHy. PesylbTaTi NOPiBHAHHS 10Ka3a/Ii MOXKIUBICTb 3aCTOCYBaHHSI
MOJIeNIi BUMIAPOBYBaHHS PO3JIUBY B 00JAcTi aHaNi3y Ta OIIHKH PU3HKY, & TaKOXX BHSBWIHM IUIIXH
BJIOCKOHAJICHHSI MATEMaTHYHOT MOJIETII.

KawuoBi cnoBa: BumapoByBaHHs, 0araTOKOMIIOHEHTHa CYyMIIll, MOelb, (a3oBa piBHOBara,
TEIUIOBHH MOTIK, BYTJI€BO/IHI, KPIOTEHHA PEYOBHHA, €TAHOJ
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